1. Recently Kirby and Siebenmann have given general solutions of Hauptvermutung [5] and relative Hauptvermutung for neighborhoods of locally flat submanifolds [ó] . In this note we announce some results about relative Hauptvermutung for neighborhoods of 1-flat submanifolds with codimension two (compare [ll] and [3] ).
We
shall say that manifold pairs (Q, M) and (Q', M') are topologically micro-equivalent, if there are open neighborhoods U, TJ' of M, M' in Q, Q' and a homeomorphism h: (U, M)->(U', M'), called a topological micro-equivalence between (Q, M) and ((?', M'). We shall say that PL manifold pairs (Q, M) and (Q', M') are PL micro-equivalent, if there are open neighborhoods V, V of M, M' in Q, Q' and a PL homeomorphism g: (V, M)->(V', M'), called a PL micro-equivalence between «?, M) and «?', M').
We shall prove the following THEOREM A.
Let (Q, M) and (Q', M') be proper PL orientable (4, 2)-manifold pairs. Suppose that M is compact and that there is a topological micro-equivalence h: (U, M)-*(U', M r ). Then there is a PL microequivalence g: (F, ikf)--»(F', M'). Further, if h\M is already PL, then we can take g so that g\ M = h\ M.
In order to extend this result to the higher dimensional case, we need some niceness condition for singularities.
Let On the contrary we have the following remarkable counterexample.
THEOREM C. For each even integer w^4, there are abstract regular neighborhoods (N, K), (N', K') of m-spheres K, K' with codimension two which are locally flat except for single points, resp., and an embedding h: (N, K)-*(N', K f ) such that h\ K is PL, but there is no PL microequivalence between (N, K) and (N', K f ).
This example ensures that even if the local flatness of a submanifold breaks at only one point, the relative Hauptvermutung for neighborhoods is false, which should be compared with the affirmative answer for the locally flat case by Kirby and Siebenmann [6].
Topological invariance problem of singularities. Let
, Then the PL homeomorphism class of the link pair lk(x; K, L) does not depend on the choice of the division (K, L) of (Q, M) and will be denoted by lk(x; Q, M). We examine the topological invariance of lk(x; Q, M). LEMMA 
Let (Q, M) and (Q f , M') be proper PL (m+2, m)-manifold pairs. Suppose that there is a topological micro-equivalence h: (U, M) -*(U', M'). Then lk(x; Q, M) and lk(x; Q', M') are topological^ invertible cobordant.
are topological cobordisms of manifold pairs, where, for example. 
In fact, by the argument of Stallings [12, Theorem 2], {A, B) XR and (A', B') XR are homeomorphic. The composition (A,B)^2^(A, B) XR-^>(A', B')XR->(A', B') can be deformed to the desired map, (refer to [2, proof of Lemma 5.1]), where the third map is the projection onto the first factor.
Here are examples of PL knots or disk knots for which topological invertible cobordism implies PL equivalence. EXAMPLE 
Let (A, B) be a PL m-knot (or disk knot) topologically invertible cobordant to the standard one. Suppose that m 9*2 (or m j*2, 3). Then (A, B) is PL equivalent to the standard one.
This is an immediate consequence of the unknotting theorem. EXAMPLE , X') are topologically micro-equivalent. On the other hand, singularities (5, 2) and (S', 2') are distinct. Therefore, (N, K) and (N', K') are never PL micro-equivalent, completing the outline of the proof of Theorem C.
Let (A, B) and (A', B') be PL 1-knots (classical knots) (or disk knots). If (A,B) and (A'
,
